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ABSTRACT Multi-phase permanent magnet motors are becoming popular in various applications such as
high power traction which require low cogging and torque ripple, and reduced noise and vibration. This
paper presents the development process of a full order detailed mathematical model for an unconventional
nine-phase permanent magnet (PM) motor with asymmetric AC windings. The phase inductances are
calculated based on the individual winding functions. Using these parameters, electrical equations for each
phase based on the voltages and flux linkages are generated. These equations are transformed into an
arbitrary reference frame and the torque equations are developed for the 9-phase motor. A Matlab-Simulink
model is then developed for the proposed nine-phase PM motor based on the developed dynamic equations.
Finally, the model is validated with the finite element analysis and laboratory testing of the prototype motor.
It is shown that the developed mathematical model can be used for such complex asymmetric winding
multi-phase PM motors.

INDEX TERMS Electric traction, mathematical modeling, multi-phase machines, nine-phase permanent
magnet motors, unbalanced winding motors.

I. INTRODUCTION
Due to recent developments of the semiconductor
technologies, high speed microcontrollers, intelligent power
electronics modules and introducing the high strength
Neodymium-Iron-Boron (NdFeB) magnet materials, wide
range of application areas are presented for the permanent
magnet (PM) synchronous motors. Because of the various
benefits of PM motors such as high power/torque density,
high torque-current ratio, high efficiency and quite operation,
the use of such motors increases as opposed to other types
of brushed or brushless motors especially in transportation
and traction applications [1]–[5]. On the other hand, multi-
phase PMmotors have been gaining popularity in recent years
particularly in high power electric and hybrid vehicles as well
as defense applications due to the high torque density, fault
tolerance capability, redundancy and reliability [5]–[14].

The associate editor coordinating the review of this manuscript and

approving it for publication was Kan Liu .

Three-phase PM motors with conventional or unconven-
tional winding structures can be utilized as the building
blocks for six, nine and more phases. If the number of phases
is multiple of three, three-phase winding configurations with
or without a phase shift could also be considered as the build-
ing block. While the design and modelling of the balanced
multiple three-phase motors are investigated widely, there
are very limited number of publications covering nine-phase
PM motor design in literature with balanced winding struc-
ture [15]–[19]. In addition, a few studies have been reported
in literature on six-phase and nine-phase PM motors with an
unbalanced winding structure where it provides significant
benefits such as extremely low cogging, ability to provide
precise control at low speeds and low total harmonic distor-
tion (THD) levels of back electro motor force (Back EMF)
voltage [20]–[24] compared to balanced winding structure.
There are several studies reported about nine-phase machine
modelling and control techniques for the motors with con-
ventional symmetric winding (SW) configuration [25]–[33].
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FIGURE 1. Previously designed 9-phase AW-SMPM Motor, (a) prototype motor, (b) stator housing, (c) airgap view and
(d) rotor structure and magnet placement.

FIGURE 2. 3-phase winding distribution of the 9-phase PM motor (a) with 108 slots (q = 1 slot/pole/phase) and (b) 117 slots (q =

1.083 slot/pole/phase).

On the other hand, there is no modelling and verification
study reported for the nine phase PMmotors with asymmetric
winding configuration.

In this paper, a full order mathematical model is intro-
duced to a new 9-phase asymmetric winding surface mounted
permanent magnet (AW-SMPM) motor. In order to obtain
the electrical equations, the winding structure is first defined
discretely and then using the Fourier series estimation a
continuous form of the winding distribution is defined. In the
proposed mathematical model, all the derivations are carried
out based on the magneto motor force (MMF) functions and
stator inductance matrix. In addition, the effects of asymmet-
ric windings and unbalanced mutual inductance terms of the
machine parameters have been examined in detail. Finally,
experimental studies have been carried out for stator and qd0
axes currents, inductances and torque output.

II. ANALYSIS OF THE NINE-PHASE AW-SMPM MOTOR
A. DESIGNED 9-PHASE MOTOR STRUCTURE
In this study, a 9-phase unconventional AW-SMPM motor
has been examined and illustrated in the Fig.1. This motor
has structural asymmetry in the stator and winding config-
uration, which results with the phase angles being different
from 120 electrical degrees. Although the stator windings

are placed asymmetrically, phase resistances have the same
values. General specifications of the motor are given in the
Table 1. Design of the 9-phase PM motor with odd number
of slots and asymmetric winding configuration have been
presented in earlier studies in order to achieve lower torque
ripple without any stator or rotor skewing [21]. The main
benefits of the AW-SMPM motor are the high torque qual-
ity and extremely low cogging component due to the odd
fractional slot combination. Fig. 2 (a) shows the winding
configurations of a conventional 9-phase motor with integer
slot combinations (108 slot, 36 pole motor). Fig. 2 (b), on the
other hand, shows the proposed asymmetric winding 9-phase
PMmotor with fractional slot combinations (117 slot, 36 pole
motor). Detailed finite element analysis (FEA) simulations of
the AW-SMPM motor with nine-phase 117-slot and 36-pole
motor were completed and no-load flux density distribution
of the motor is presented in the Fig. 3 (a-b). Furthermore,
the obtained output torque and cogging torque variations
from FEA are given in the Fig. 3 (c). FEA simulations were
performed for 15A peak current value in order to be con-
sistent with the experimental data. It is seen that 50.76 Nm
average torque and approximately 0.02% cogging torque
values are obtained. When the proposed 9-phase motor is
compared with conventional 3-phase motor, it is observed
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FIGURE 3. FEA process, (a) motor model, (b) no-load flux density distribution, (c) output torque and cogging torque
variations.

TABLE 1. Motor parameters.

that the torque-to-mass ratio (Nm/kg) as well as torque con-
stant (Nm/Arms) becomes higher in 9-phase motors than its
3-phase counterparts. In addition, total losses are smaller in
9-phase motor resulting with higher efficiency. However,
radial forces increase as the asymmetry is introduced at
the winding configuration and additional torque ripple will
be produced during operation. In order to highlight the
advantages of the proposed 9-phase motor, FEA results com-
paring it to a conventional 9-phase design (with and with-
out skewing) are summarized in Table 2. As seen from
the table, although the rated torque value of the proposed
motor is lower than a balanced 9-phase option, it offers
less torque ripple percentage, cogging torque and THD level
when compared to balanced 9-phase motor without skewing
option.

B. ASYMMETRIC WINDING STRUCTURE
AND PHASE ANGLES
In general, stator winding configurations of electrical
machines can be categorized in four categories including

integral slot winding, fractional slot concentrated winding
with two options (where slot per pole per phase is fractional
and lower than 1 and fractional and greater than 1) and
unbalanced winding types. Nevertheless, in some cases a
symmetric and balanced winding configuration cannot be
achieved because of the slot-pole combinations. These kinds
of electrical machines are referred to as unbalanced winding
motors. The 9-phasewinding configuration can be considered
as three 3-phase winding sets, which are separated from
each other by θ . Fig. 4 shows possible representations of the
magnetic axes of stator winding of any 9-phase motor. In this
figure, the winding vectors of 9-phase motor are labelled with
ABCx, where x = 1,2,3 and denotes 3-phase winding set.
Furthermore, α and β describes the electrical phase angles
between the A1-B1 and A1-C1 windings, respectively. The
other winding sets shifted by θ and 2θ electrical degrees with
respect to A1-B1-C1. It is easily seen that several winding
options can be designed by changing the angle between the
winding sets. As a result, if α and β angles equal to 120 elec-
trical degrees, motor become a balanced and symmetrical
winding structure. In the designed 9-phase motor, α and β
angles are designed as 116.04 and−116.74 electrical degrees,
respectively and therefore an asymmetric winding configura-
tion is created. Displacement of all winding sets along the
stator circumference and the winding distribution of all nine
phases are depicted in the Fig. 5. In order to determine the
asymmetric phase angles (α and β), the individual coil electro
motive force (EMF) vectors of each of the phases are used.
In order to see the effect of the phase angles, a slightly worse
case is examined in this paper.
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FIGURE 4. Vector of magnetic axes, (a) general representation for 9-phase motors, (b) proposed motor.

TABLE 2. Performance comparison between balanced 9-phase (integral slot) and unbalanced 9-phase (fractional slot) motor.

FIGURE 5. Motor design, (a) winding placement, (b) winding distribution of designed 9-phase asymmetric PM motor.

The winding function in discrete form is defined with
respect to the positions of the stator slots, which is given for
the first 3-phase set in the Fig. 6 (a). Then the continuous
form of this discrete form of the winding function is defined
via Fourier series approximation. According to the Fourier
series approximation, the winding function of any phase of

the machine is describe as:

w (φ) = a0 +
∞∑
n=1

an cos (nφ)+ bn sin (nφ) (1)

where an and bn are the coefficients of the Fourier series, a0
is the average value, n represents the harmonic numbers and
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FIGURE 6. Winding distributions, (a) phase A1, B1 and C1, (b) calculated winding function of Phase A1, (c) harmonic components.

φ denotes the position of stator circumference. Because of
the winding functions are not symmetric and different from
the conventional balanced windings, higher order harmonics
are necessary to obtain accurate MMF distribution. There-
fore, first 200 harmonic components are considered to obtain
proper winding functions. The estimated winding function of
phase A1 and its harmonic components are depicted in the
Fig. 6 (b) and Fig. 6 (c) respectively.

C. INDUCTANCES AND FLUX LINKAGES
Since the proposed 9-phase motor is a surface mounted per-
manent magnet motor, the air gap function may be considered
as a constant and expressed as:

g (φ) = gag (2)

The air gap flux density due to winding b, flux linkage and
mutual inductance terms between phase-a and phase-b can be
calculated with the following expressions. Where, if a = b
than the self-inductance of any phase can be obtained.

Bb (φ) =
µ0
g(φ)wb (φ) ib (3)

λab =

µ0 rl

2π∫
0

wa (φ)wb (φ)
g (φ)

dφ

 ib (4)

Lab =
λab

ib
= µ0 rl

2π∫
0

wa (φ)wb (φ)
g (φ)

dφ (5)

where µ0, r and l denote the vacuum permeability, radius of
the stator inner frame and stack length, respectively. It has
to be mentioned that the inductance expression given above
consists of magnetizing inductance value.

Due to the fact that both the rated current of the motor is
32A and magnets are surface mounted, inductance values are
not expected to be affected by saturation. In addition, since
simulation studies and tests are performed below 32A rated

current, saturation effects are not significant in the considered
design.

III. MATHEMATICAL MODELLING AND SIMULATONS OF
THE NINE-PHASE AW-SMPM MOTOR
The mathematical model helps provide physical understand-
ing of the machine performance can be used in optimization
process since it is faster compared to FEA and also it is useful
from a control perspective. During the mathematical deriva-
tion process for the proposed PM motor, some limitations
and assumptions are considered such as airgap distribution
is considered perfectly sinusoidal, permeability of iron is
considered infinite and the magnetic system is considered as
linear. A mathematical model of the asymmetric 9-phase PM
motor is developed based on per phase electrical equations,
which can be written in the stationary stator reference frame
as follows:

Vabc−x = rsiabc−x + ρλabc−x (x = 1, 2, 3) (6)

where abc denotes the stator phases, x is number of the stator
winding sets and ρ is time derivative.
In addition, Vabc−x , rs, iabc−x , λabc−x terms describe the

phase voltages, stator winding resistance, phase currents and
flux linkages, respectively. For a magnetically linear system,
flux linkages of 9-phase permanent magnet motors in the
stationary reference frame may be expressed as:

λabc−x = Labc−x iabc−x + λm−abc−x (x = 1, 2, 3) (7)

where Labc−x and λm−abc−x define the stator windings induc-
tance matrix and magnet flux linkages, respectively. Since
the 9-phase motor has structurally asymmetric windings,
the angles between the stator magnetic axes are not equal to
120 electrical degrees and therefore, the transformation to an
arbitrary reference frame is reconfigured with the values of
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α = 116.04◦ and β = −116.74◦ and given in (8):

A
(
θ, α, β

)
=

2
3


cos(θ ) cos(θ − α) cos(θ + α)
sin(θ ) sin(θ − β) sin(θ + β)
1
2

1
2

1
2


T ∗9-phase

(
θ, α, β

)
=

A A A
A A A
A A A

 (8)

Using the transformation matrix defined above, any variable
in the stationary axes can be expressed in the rotating qd0
axes via:

fqd0,123 = T ∗9−phase
(
θ, α, β

)
fabc,123 (9)

where either voltage, current, flux linkage or the other
machine terms can be represented by means of f . The flux
linkages in qd0 axes can be written with (10), as shown at
the bottom of this page by using (9). In order to continue the
analysis, we need to know the stator inductance matrix and
magnet flux linkages. The stator inductance matrix (Labc−x)
of the 9-phase motor can be given in (24) where abc-x (x =
1, 2, 3) denotes the winding sets and the inductance matrix
consists of self and mutual inductance terms of the all three
winding sets. In contrast to the machines with symmetri-
cal winding structure, the mutual inductance values of each
winding set of the proposed motor are obtained in different
values, whereMab−xy 6= Mac−xy. On the other hand, flux link-
ages constituted by the permanent magnets can be described
in matrix form in equation (11), as shown at the bottom of
this page, where λm denotes the amplitude of the magnet
flux linkages, α and β are phase angles (Fig. 4) and θ is
the electrical rotor position. The second part on the right side
of (10) refers to the magnet flux linkages in terms of abc axes
variable and can be obtained in qd0 by using the (9) as stated
below:

λqd0−x = λm

[
δq1 δd1 δ01 δq2 δd2 δ02 δq3 δd3 δ03

]T
(12)

where δqd0−123 terms are the results of the matrix multi-
plication of (9) and (11) and are the function of electrical
rotor position. Furthermore, the expanded version of δqd0−123
terms are given in the appendix. Unlike the conventional
motors, it can be seen from the above equation that the
magnet flux has components on the q and 0 axes, albeit
small. Because the all-magnetic axes of three winding sets are

placed over each other and all qd0 axes are mutually coupled,
the following equation can be used for all elements of the
inductance matrix.

T ∗9−phase
(
θ, α, β

)
fxyT ∗9−phase

(
θ, α, β

)−1 (13)

In addition, how the (13) should be applied to the inductance
matrix is given below:

The obtained flux linkages matrix of the nine-phase motor
is given in (25) where Lqd0−x and Mqd0−xy (x, y = 1,
2, 3) are self and mutual synchronous inductance terms of
9-phase proposed motor. As seen from the qd0 axes induc-
tance matrix, there is no mutual inductance between qdxy and
0xy axes, although there occurs mutual inductance between
the qxy and dxy axes. In addition, some mutually inductances
(shown in red) in the same matrix have a negative effect
on the output torque as it is calculated negatively. Further-
more, expanded equations of the flux linkage terms are given
in (14-22) in the qd0 rotating frame. Here, the flux linkages
for the first 3-phase set are given in (14)–(16) as shown at
bottom of this page. Similarly, flux linkage terms for the sec-
ond 3-phase set are given in (17)–(19), as shown at bottom
of the next page. Finally, flux linkages for the third 3-phase
set are provided are given in (20)–(22), as shown at bottom
of the next page, where λqd0−x , Lqd0−x andMqd0−x describe
the flux linkages terms, synchronous inductance and mutual
inductance in the rotating qd0 axes of each 3-phase winding
sets, respectively. Here the flux linkage term Meff _AW arises
from the mutual inductances of the asymmetric windings and
expanded versions also are given and dashed areas define the
standard flux linkage terms.

If the transformation matrix T∗(θ, α, β) and its inverse
T∗(θ, α, β)−1 are applied to the voltage equation that given
in (6), voltage equations in terms of qd0 axes variables can
be obtained as stated below (26-28), as shown at the bottom
of the next page. It is easily seen from the equations that all
qd0 axes voltages have coupled each other because of the
flux linkage terms are given in (23)–(25), as shown at the
bottom of the next page. Since the proposed 9-phase motor
has three separate 3-phase winding sets, total electromagnetic

λqd0−x = T ∗9−phase (θ, α, β)Labc−xT
∗

9−phase (θ, α, β)
−1 iqd0−x + T ∗9−phase (θ, α, β) λm−abc−x (10)

λabc−x = λm
[
sin(θ ) sin(θ − α) sin(θ + β) sin(θ ) sin(θ − α) sin(θ + β) sin(θ ) sin(θ − α) sin(θ + β)

]T (11)

λq1 = Lq1iq1 +Meff _AW_q1 = Lq1iq1 +
[
Mq1d1id1 +Mq1q2iq2 +Mq1d2id2 +Mq1q3iq3 +Mq1d3id3 + λmδq1

]
(14)

λd1 = Ld1id1 + λmδd1 +Meff _AW_d1 = Ld1id1 + λmδd1 +
[
Md1q1iq1 +Md1q2iq2 +Md1d2id2 +Md1q3iq3 +Md1d3id3

]
(15)

λ01 = L01i01 +Meff _AW_01 = L01i01 + [M0102i02 +M0103i03 + λmδ01] (16)
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FIGURE 7. Overall flow-chart scheme of derivation process of the mathematical model.

output torque consists of sum of these three winding sets
and can be described in (29) where j, λqd and iqd define
the number of the winding sets, flux linkages and currents,
respectively. Additionally, the detailed torque output expres-
sions can be given in (30-32) for each three winding sets. The
left sides of the (30-32) are the conventional torque equations
(dashed areas); the right sides, on other hand, are due to the

asymmetry and coupling term. It is easily seen from the (30-
32) that the output torque obtained from the each winding sets
are interdependent with the inductances and qd axes currents
of the other windings.

Te−total =
3∑
j=1

(
3
2

)(
P
2

) (
λdjiqj − λqjidj

)
(29)

λq2 = Lq2iq2 +Meff _AW_q2 = Lq2iq2 +
[
Mq2q1iq1 +Mq2d1id1 +Mq2d2id2 +Mq2q3iq3 +Mq2d3id3 + λmδq2

]
(17)

λd2 = Ld2id2 + λmδd2 +Meff _AW_d2 = Ld2id2 + λmδd2 +
[
Md2q1iq1 +Md2d1id1 +Md2q2iq2 +Md2q3iq3 +Md2d3id3

]
(18)

λ02 = L02i02 +Meff _AW_02 = L02i02 + [M0201i01 +M0203i03 + λmδ02] (19)

λq3 = Lq3iq3 +Meff _AW_q3 = Lq3iq3 +
[
Mq3q1iq1 +Mq3d1id1 +Mq3q2iq2 +Mq3d2id2 +Mq3d3id3 + λmδq3

]
(20)

λd3 = Ld3id3 + λmδd3 +Meff _AW_d3 = Ld3id3 + λmδd3 +
[
Md3q1iq1 +Md3d1id1 +Md3q2iq2 +Md3d2id2 +Md3q3iq3

]
(21)

λ03 = L03i03 +Meff _AW_03 = L03i03 + [M0301i01 +M0302i02 + λmδ03] (22)

Vqd0−x = T ∗
(
θ, α, β

)
rsT ∗

(
θ, α, β

)−1 iqd0−x + T ∗ (θ, α, β) ρ [T ∗ (θ, α, β)−1 λqd0−x] (23)

Labc−x =



La1 Ma1b1 Ma1c1 Ma1a2 Ma1b2 Ma1c2 Ma1a3 Ma1b3 Ma1c3
Mb1a1 Lb1 Mb1c1 Mb1a2 Mb1b2 Mb1c2 Mb1a3 Mb1b3 Mb1c3
Mc1a1 Mc1b1 Lc1 Mc1a2 Mc1b2 Mc1c2 Mc1a3 Mc1b3 Mc1c3
Ma2a1 Ma2b1 Ma2c1 La2 Ma2b2 Ma2c2 Ma2a3 Ma2b3 Ma2c3
Mb2a1 Mb2b1 Mb2c1 Mb2a2 Lb2 Mb2c2 Mb2a3 Mb2b3 Mb2c3
Mc2a1 Mc2b1 Mc2c1 Mc2a2 Mc2b2 Lc2 Mc2a3 Mc2b3 Mc2c3
Ma3a1 Ma3b1 Ma3c1 Ma3a2 Ma3b2 Ma3c2 La3 Ma3b3 Ma3c3
Mb3a1 Mb3b1 Mb3c1 Mb3a2 Mb3b2 Mb3c2 Mb3a3 Lb3 Mb3c3
Mc3a1 Mc3b1 Mc3c1 Mc3a2 Mc3b2 Mc3c2 Mc3a3 Mc3b3 Lc3


(24)

λqd0−xy =



Lq1 Mq1d1 0 Mq1q2 Mq1q2 0 Mq1q3 Mq1d3 0
Mq1q1 Ld1 0 Md1q2 Md1d2 0 Mq1q3 Md1d3 0
0 0 L01 0 0 M0102 0 0 M0103

Mq2q1 Mq2d1 0 Lq2 Mq2d2 0 Mq2q3 Mq2d3 0
Mq2d1 Md2d1 0 Mq2d2 Ld2 0 Md2q3 Md2d3 0
0 0 M0201 0 0 L02 0 0 M0203

Mq3q1 Mq2d1 0 Mq3q2 Mq3d2 0 Lq3 Mq3d3 0
Md3q1 Md3d1 0 Mq2d2 Md3d2 0 Mq2d3 Ld3 0
0 0 M0301 0 0 M0302 0 0 L03





iq1
id1
i01
iq2
id2
i02
iq3
id3
i03


+ λm



δq1
δd1
δ01
δq2
δd2
δ02
δq3
δd3
δ03


(25)

Vqx = rsiqx + ωλdx + ρλqx (26)

Vdx = rsidx − ωλqx + ρλdx (27)

V0x = rsi0x + ρλ0x (28)
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FIGURE 8. Simulation results; phase currents, (A) set1 (ABC1), (b) set2 (ABC2), (c) set3 (ABC3) and (d) output torque.

FIGURE 9. Simulation result of torque vs torque angle characteristic.

Te1 = (Ld1id1 + λmδd1) iq1 − Lq1iq1id1

+

{(
Meff _AW_d1

)
iq1 −

(
Meff _AW_q1

)
id1
}

(30)

Te2 = (Ld2id2 + λmδd2) iq2 − Lq2iq2id2

+

{(
Meff _AW_d2

)
iq2 −

(
Meff _AW_q2

)
id2
}

(31)

Te3 = (Ld3id3 + λmδd3) iq3 − Lq3iq3id3

+

{(
Meff _AW_d3

)
iq3 −

(
Meff _AW_q3

)
id3
}

(32)

where Meff _AW_qd terms arise from the asymmetric winding
structure, which do not exist in the conventional symmetric
winding machines and are defined in (14-22).

Furthermore, overall flow chart of derivation process of the
mathematical modelling is summarized in the Fig. 7. It has to
be pointed out that development process of the mathematical
modelling is suitable for all of the 3, 6 or 12 etc. phase motors
regardless of the SPM or IPM rotor structures.

The Matlab-Simulink model of the proposed 9-phase
AW-SMPM motor is generated to see the accuracy of the
mathematical model obtained in the previous section. In the
simulation study, 15A current value is given as a reference
signal for the each three-phase winding sets, and the results
are shown in the Fig. 8 (a-c). Although all the peak values of

FIGURE 10. Experimental test system of the proposed 9-phase motor.

stator currents are about 15A, there occur small differences
between the peak values of phase currents due to asymmetric
winding and unbalanced mutual inductances. Moreover, the
obtained torque output is also given in the Fig. 8 (d). FEA
show that 50.76Nm average torque is obtained with 6.7%
torque ripple while 48.73Nm average torque is obtained with
6.28% torque ripple using the motor model presented.

There is roughly 4% error between the FEA and the model
presented. Since the proposed 9-phase motor has asymmetric
stator windings and has unbalanced self and mutual induc-
tances, the maximum torque value has been obtained at an
angle different from 90◦ electrical angle. Simulation has been
performed based on the electrical equations given in previous
section for the rated values. Fig. 9 shows the variation of
output torque value in terms of three winding sets and total
torque. For the proposed motor, maximum torque is obtained
at nearly 88.5◦ torque angle for all three phase winding
sets. It is clearly seen that the positive d axis current value
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FIGURE 11. Experimental results; phase currents, (a) set1 (ABC1), (b) set2 (ABC2), (c) set3 (ABC3), (d) total output torque.

FIGURE 12. Test result of torque vs torque angle characteristic.

TABLE 3. Comparison of the obtained torque outputs.

increases the total torque output since it reduces the effect of
unbalanced negative inductances.

IV. EXPERIMENTAL RESULTS AND COMPARISON
The prototype motor is tested and the results are presented to
see the accuracy of FEA and developed mathematical model.
The experimental setup consists of dSPACE MicroAutobox
II, three IGBT (insulated gate bipolar transistor) power elec-
tronic modules, proposed 9-phase motor, load motor and
torque meter are illustrated in the Fig. 10. During the exper-
imental studies, 15A peak currents are given as a reference
signal to the all-winding sets because of the output torque
limitation of the load motor.

The test results are illustrated in the Fig. 11. As seen from
the figure, stator currents are obtained as desired with some
harmonic components and different peak values as in the
simulation. Moreover, output torque data has a 48.17 Nm

TABLE 4. Comparison of the average torque outputs at the difference
current values.

FIGURE 13. Comparison of average torque outputs.

average value with 8.57% torque ripple although 2D-FEA
provides 6.7%, mathematical model provides 6.28% ripple
the discrepancy is arising from the test setup alignment.
It has obviously been noticed that there is a good agreement
between FEA, simulation and experimental studies.

On the other hand, maximum torque for all three phase
winding sets (Fig.12) is obtained at a torque angle of 87◦

which is very close with mathematical model (88.5◦). Com-
parison of the obtained torque data between FEA, simulation
and experimental study is also presented in Table 3.
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In order to show the accuracy of the mathematical model,
different values of currents are given as a reference signal
to the controller and the obtained results are summarized
in Table 4 and Fig. 13. It can be concluded that there is a good
agreement between mathematical modelling and test results
and the developed model provides results with less than 2%
error compared to test results.

V. CONCLUSION
In conclusion, this paper presents a full order mathemat-
ical description, modelling, FEA simulations and experi-
mental verification for a previously designed unconventional
9-phase AW-SMPM synchronous motor. Detailed mathe-
matical derivations are obtained in terms of flux linkages,
voltages, inductances and torque equations are presented.
Dynamic machine equations of the proposed 9-phase AW-
SMPM motor are attained based on the winding functions
of all phases and observed separately for the triple 3-phase
winding sets. It is perceived that asymmetric and unbalanced
stator currents occur in this type of winding configurations
and cause oscillations on dq axes currents and torque output.
The fact that some of the mutual inductance values are nega-
tive lessens the output torque although it is fairly small in the
proposed 9-phasemotor. Furthermore, themathematical find-
ings are confirmed with both FEA and experimental results.
Finally, it can be concluded that the proposed 9-phase motor
can be controlled by a control strategy that will eliminate the
drawbacks of the asymmetric windings.

APPENDIX
In this section, the obtained results in terms of expanded
versions of the magnet flux linkage terms are presented.
In the proposed motor, coefficients of the magnet flux linkage
changes sinusoidal on the contrary of conventional symmet-
ric winding motors. This indicates that the magnet flux has
components both in q and 0 axes in addition to the d axis.

δq−123 =
cos

(
2θ + 37.92◦

)
3

+
sin (2θ)

3

−
sin
(
2θ + β + α − 180◦

)
3

δd−123 =
2 cos

(
θ + β − 90◦

)2
3

+
2 sin (θ)2

3

+
2 sin

(
θ − α + 180◦

)2
3

δ0−123 =
cos

(
θ + β − 90◦

)
3

+
sin (θ)

3

+
sin
(
θ − α + 180◦

)
3

where α, β are the angles between the stator magnetic axes
(Fig. 4) and θ denotes rotor position
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